
Cambridge Pre-U 
1348 Further Mathematics (Short course) June 2016 

Principal Examiner Report for Teachers 
 

  © 2016 

FURTHER MATHEMATICS 
 
 

Paper 1348/01 

Further Pure Mathematics 

 
 
Key messages 
 
There are significant points that candidates need to bear in mind before they sit this paper, many of which 
are highlighted again in the later comments on individual questions. Firstly, this is a long paper and some 
students are not able to complete attempts at all questions. Thus, for each individual candidate, it is very 
important to choose a suitable order in which to attempt the questions, one that maximises the opportunities 
to gain high marks. Also, the majority of candidates have little time in which to review or correct working, so 
care must be taken to ensure that work is done without the need for re-evaluation. Usually, candidates are 
best served by a thoughtful approach to each question that considers – in particular – how the question is 
structured (where appropriate); many candidates frequently ignore the very careful signposts offered within 
the question. Similarly, candidates must be aware of how appropriate the working they are writing down is to 
the demand of that question or question-part; producing up to a page-and-a-half of working for a result that 
has been assigned just 1 or 2 marks is clearly inappropriate, and candidates should allow themselves to be 
guided by the number of marks. 
 
Another key point is that many candidates seem unwilling to deploy their ‘single maths’ skills in the further 
maths setting and they should be aware that understanding and fluency in GCSE level and Maths Principal 
level techniques are taken as ‘background/assumed knowledge’ within the further maths papers.  
 
 
General comments 
 
Overall, the quality of the candidates’ work was impressive, with over 25 per cent of the entry gaining total 
scores of at least 100 out of the overall total of 120 marks.  There is a small amount of evidence that some 
candidates found the paper too long to complete within the allotted time. It was usually the case that these 
candidates had, often at several points in the examination, attempted questions by lengthy methods. 
 
One of the most obvious, and widespread, factors that detracted from the overall performance of the 
candidature as a whole was the apparent unwillingness to address those (usually small) parts of questions 
that required explanation or descriptions. This is almost always the case with some parts of a ‘Groups’ 
question (Question 8 on this paper), but also applied to the very final parts to Questions 4, 9 and 12. In 
addition, candidates often did not take enough care about providing necessary details for given answers, of 
the ‘show that’ variety … of which there were several, sprinkled throughout the paper (Questions 1, 3, 6, 8, 
9, 12 and 13). Candidates should, as part of their preparation, be made aware that they must take the time 
and trouble to justify fully how these given results arise, and not think they can simply jump straight to the 
answer. Marks will be lost if their working is not convincing. 
 
Several questions on the paper had their own, individual ‘gradient of difficulty’, and only Question 12 was 
especially technically demanding. Although Question 13 looked rather daunting, the bulk of it was actually 
quite straightforward once one had got going. 
 
 
Comments on specific questions 
 
Question 1 
 
This was intended to be a straightforward entrée into the paper, and it served its purpose very well indeed, 
with almost all candidates gaining full marks. Those who did not do so usually fell down when the answer 
appeared without any intermediate factorisation attempt of the preceding quartic (or, with the n taken out 
first, cubic) expression. 
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Question 2 
 
This question was also intended to be a quick and simple test of a single result, and most candidates quoted 
the direct formula for the shortest distance and got on with it. For the most part, marks were lost as a result 
of missing (or extraneous) negative signs during the calculation of the cross-product. A few candidates used 
much lengthier methods – such as finding the distance between two relevant parallel planes, or finding the 
point on each line that was closest to the other line (at the ends of the mutual perpendicular) – and lengthier 
working naturally gave more opportunity for slip-ups in the working. 
 
Answer: 4 
 
Question 3 
 
This was a relatively straightforward question, although candidates found a variety of ways to lose marks. In 
many cases, part (i) provided one instance of the ‘not fully justifying a given answer’ issue raised in the 
opening remarks. Very few candidates indeed approached the non-real roots of the ensuing quadratic in x by 

using the fact that the discriminant should be negative. Many candidates simply noted that ∆ ⩾ 0 (without 
explaining what case, or cases, this covered) and proceeded to present the given interval without any 
mention at all of why this was the one required. This led to the loss of 2 of the 4 marks for these candidates. 
 
In part (ii), there were a lot more cases when 2 more marks were lost, although it could have been all 4 of 
them had the ‘non-deduce’ approach of differentiation not been awarded some credit on this occasion. This 
had initially been to allow access to some marks for those candidates who had been unable to do part (i) at 
all, but turned out instead to benefit a large number of candidates who ignored the carefully emboldened 
word ‘Deduce’ at the start of the sentence. 
 

Answer: (ii) ( )1 1

2 2
,  and ( )5 9

2 2
,   

 
Question 4 
 
This was intended to be a straightforward question but turned out to be one of the poorest-scoring of all the 
questions on the paper. Part (i) was usually completed by showing that the determinant of the coefficient 
matrix was zero, but part (ii) was handled very poorly indeed as around half of all candidates did not make 
any attempt to answer the question that had been asked. Many of these candidates went on to find a unique 
solution to the system, despite the fact that they had already concluded that one such did not exist. Many 
candidates simply went on to show that there was no unique solution by algebraic methods; many others 
managed to demonstrate that there were no solutions at all. This despite the clear implication in the wording 
of the question that, not only was there a solution, but they should actually be attempting to find it (in some 
form or other). Many of the lost marks were due to the omission of an attempt to ‘solve’ the system at all. 
 
Answer: (ii) (x, y, z) = (t, t – 2, 7 – 2t), for example. 
 
Question 5 
 
Overall, this question was done exceptionally well, with high marks scored by most candidates. There were, 
however, several common shortcomings that led to lost marks:  incorrectly solved quadratic auxiliary 
equations; incorrect complementary functions for the case of complex roots; and incorrect forms for the 
particular integral, mostly when candidates thought it should be of the form ax.e

2x
. 

 
Answer: y = e

2x
(A cos x + B sin x + 24) 

 
Question 6 
 
This was another generally successful question, although there were, again, a few common points where 
marks were lost. In part (i), almost all candidates evaluated f(2.5) and f(3) for suitably-chosen functions f, but 
many omitted to explain why this led to the given answer. Part (ii) was almost universally successfully 
handled, although some candidates ignored the series results in the Formula Book, preferring instead to 
derive it from scratch using repeated differentiation. Although there is nothing wrong with this approach, it did 
waste quite a bit of their time unnecessarily. Most, but not all, candidates spotted the intended method in part 
(ii) of solving a quadratic in x

4
. 

 
Answer: (iii) 2.7698 
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Question 7 
 
This was intended to be a reasonably standard complex numbers question, and most candidates scored well 
on part (i) by using the modulus-argument approach. Part (ii) was not so successfully approached, despite 
its intended simplicity. The sketch required little more than an equilateral triangle with vertices in 
approximately the correct (follow through) positions in the complex plane. However, many triangles looked 
anything but equilateral. Many marks were then lost to candidates who used a range of complicated 

trigonometrical approaches to finding ‘heights’ of triangles, when the formula 1

2
ab sinC could be applied 

reasonably routinely. 
 

Answers: (i) (r, θ ) = ( )1

12
2,  π  , ( )9

12
2,  π  and ( )17

12
2,  π   (ii) 3

2
3 . 

 
Question 8 
 
Groups questions have traditionally been found either too easy or too demanding; this one fell nicely in-
between, with an easy part (i) and a tougher part (ii). As mentioned in the initial remarks, this question gave 
rise to several places where an explanation, or some clarifying detail, was required … which candidates 
seemed unclear as to how to supply. For instance, in part (i)(b), candidates were not permitted to say simply 
‘Closure – see table’, but were required to explain how the table demonstrated the closure property. Part (ii) 
provided its own set of difficulties, beginning with the need to identify six distinct elements for H. Even the 
group table of part (ii)(a) proved difficult for the majority of candidates, with few of them scoring more than 2 
of the 4 marks available. In many cases, candidates would switch from calculating the product term in the 

table via row × column to column × row, and this would often completely undermine everything that followed 
in part (ii). In part (ii)(b), very few candidates were clear about how to identify subgroups, and the Yes/No 
vote for isomorphism was approximately equally split. 
 
Answers: (i)  

G 1 2 4 8 16 32 

1 1 2 4 8 16 32 

2 2 4 8 16 32 1 

4 4 8 16 32 1 2 

8 8 16 32 1 2 4 

16 16 32 1 2 4 8 

32 32 1 2 4 8 16 

 
    (ii)(a)   

H e x y y
2
 xy yx 

e e x y y
2
 xy yx 

x x e xy yx y y
2
 

y y yx y
2
 e x xy 

y
2
 y

2
 xy e y yx x 

xy xy y
2
 yx x e y 

yx yx y x xy y
2
 e 

 
 
  (b) {e, x}, {e, xy} and {e, yx} of order 2; {e, y, y

2
} of order 3. 
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Question 9 
 
This was a question on the relationships between roots and coefficients of a polynomial equation, but with an 
increasing demand as the question progressed. Thus, part (i) was a basic ‘write down’ part; part (ii) involved 
little more than a manipulation of the standard result (a + b + c)

2
 = a

2
 + b

2
 + c

2
 + 2(ab + bc + ca), albeit in two 

slightly different settings; part (iii) was a test of candidates’ ability to identify, and collect together, terms of 
the same kind.  Only part (iv) required a more thoughtful understanding of mathematical phraseology. Thus, 
apart from a few sign mix-ups, parts (i) and (ii) were high-scoring, and part (iii) was generally manageable, 
other than marks that were lost due to the appearance of given final answers without fully supporting prior 
working. The 1 mark for part (iv), however, was gained by very few candidates. This was due to almost all 
candidates not recognising the full requirement of the question as a result of, presumably, a lack of grasp of 
the meaning of the phrase ‘if and only if’. The other obstacle was the incorrect interpretation of the phrase 

‘one root is twice the product of the other two’ to mean α = 2βγ rather than either α = 2βγ or β = 2γα or 

γ = 2αβ. So, although many candidates scored 8 or 9 marks on the question, very few indeed scored 10 or 
11. 
 

Answers: (i) α +β + γ = a, αβ +βγ +γα = b, αβγ = c  (ii) a
2
 – 2b and b

2
 – 2ac. 

 
Question 10 
 
This was a relatively straightforward Polar Coordinates question. Many candidates lost 2 or 3 marks on the 
sketch alone, with many sketches missing key features as candidates did not attempt to find the points at 
which r = 0. This usually led to the lower portion of the sketch being completely wrong. In part (ii), the 
standard work went very smoothly for the most part, although quite a few candidates couldn’t produce the 

correct double-angle formula for sin
2
θ, and there were often incorrect signs that followed in the integrations. 

Thus, the correct answer was duly found, although not always from correct working. 
 

Answers: (ii) 3

4
π . 

 
Question 11 
 
On the whole, this was found to be a very easy question and was done well by about three-quarters of the 
candidature. In some cases, it was not helpful in part (i) that candidates could often take a long time to 
determine the next four terms of such a well-known sequence. A few candidates interpreted the phrase ‘write 
down the values of F3 to F6’ as ‘write down the values of F3 and F6’ without ensuring the intermediate terms 
were present on the page. In part (ii)(b), those who made the correct conjecture usually gained all 5 marks. 
Unfortunately, many candidates opted for a formula without any Fibonacci numbers in at all (regardless of 
the clear directive to this effect within the question) and others had a mix of Fibonacci numbers and linear 
terms in n that restricted them to a maximum of 2 of the 5 marks available. A small handful of candidates did 
not notice the need to take n = 2 as the base-line case (though those who chose to use n = 1 and identified 
F0 as 0 still qualified for full marks). 
 

Answers: (i) 2, 3, 5 and 8  (ii)(a) ( )2

2
p

1

x
x

x

+
=

+

, ( )3

2 3
p

2

x
x

x

+
=

+

, ( )4

3 5
p

2 3

x
x

x

+

=

+

  (ii)(b) ( )   1

  1

 
p

 

n n

n

n n

F x F
x

F x F

+

−

+

=

+

 

 
Question 12 
 
This was the most technically demanding question on the paper … involving identities of hyperbolic 
functions, calculus and explanation/interpretation. Most candidates managed to earn at least two marks in 
part (i) along with around three marks in part (ii)(a). All that was required to wrap up the given approximate 
answer here was to note that e

– kn
 (where k = 1, 2 or, sometimes, 3) tends to zero as n tends to infinity, and 

every correct exponential form for the final integrated answer afforded candidates the opportunity to argue 
this result appropriately. Part (ii)(b) required candidates to note that the curve essentially becomes a straight 
line – many did so, but a few were not entirely clear why this led to the given answer. 
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Question 13 
 
The opening part to this question was on a small part of the course previously untested, namely 
differentiating inverse-trigonometric functions, and thus part (i)(a) caused a lot of difficulty, especially with the 
first requirement. Many candidates mixed inverses with reciprocals and wrote down worthless material. 
There are other ways to differentiate sec

–1
x and, on this occasion, ‘non-deduce’ methods were allowed, since 

the initial result was intended to be a means of guiding candidates in the right direction, and the alternative 
approaches were mathematical. 
 
However, candidates really must be made aware that, if they do not follow clear (and sometimes helpfully 
emboldened) directives such as ‘hence’ and ‘deduce’ within a question, they risk the loss of several marks on 
a paper as a whole. Whenever suitable, the Examiners will make a judgement as to whether alternative 
approaches should be given all, some, or none of the marks available, but it is poor examination technique, 
and a very risky strategy, to ignore the clear guidance supplied within a question. There is no guarantee that 
an approach accepted one year will be permitted in future years. 
 
The remainder of the question was then more along the lines of a longer single-maths question – apart from 
the types of function being used, of course – and most candidates who made a good attempt ended up 
scoring 12+ marks overall on the question.  
 

Answer : (i)(b) x sec
–1

x – cosh
–1

x (+ c)     (ii)(a) P = ( )1

4
2, π , Q = ( )2

4
2 , 0π

−  
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